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1. The world is all that is the case.
1.1 The world is the totality of facts, not of things.
1.1 The world is determined by the facts, and by their being all the facts.
112 For the totality of facts determines what is the case, and also whatever is not the
case.
113 The facts in logical space are the world.
1.2 The world divides into facts.
1.21 Each item can be the case or not the case while everything else remains the same.
2. What is the case—a fact—is the existence of states of affairs.
2.0 (empty)
2.01 Astate of affairs (a state of things) is a combination of objects (things).
2.02 Objects are simple.
2.03 Ina state of affairs objects fit into one another like the links of a chain.
2.04 The totality of existing states of affairs is the world.
205 The totality of existing states of affairs also determines which states of affairs do not
exist.
208 The existence and non-existence of states of affairs is reality. (We call the existence
of states of affairs a positive fact, and their non-cxistence a negative fact.)
2.1 We picture facts to ourselves.
211 A picture presents a situation in logical space, the existence and non-existence of
states of affairs.
212 A picture is a model of reality.
2413 Ina picture objects have the clements of the picture corresponding to them.
214 What constifutes a picture is that its clements are related to one another in a
determinate way.
215 The fact that the clements of a picture are related fo one another in a determinate
way represents that things are related to one another in the same way. Let us call this
connexion of ifs clements the structure of the picture, and let us call the possibility of this
structure the pictorial form of the picture.
216 Ifa fact is to be a picture, it must have something in common with what it depicts.
247 What a picture must have in common with reality, in order to be able to depict it—
correctly or incorrectly—in the way that it does, i its pictorial form.
218 What any picture, of whatever form, must have in common with reality, in order to
be able to depict it—correctly or incorrectly—in any way at all, is logical form, i.c. the
form of reality.
219 Logical pictures can depict the world.
2.2 A picture has logico-pictorial form in common with what it depicts.
3. A logical picture of facts is a thought.
4. A thought is a proposition with a sense.
5. A proposition is a truth-function of clementary propositions. (An elementary proposition is a
truth-fnction of itself)
6. The general form of a truth-function is [p, E, N(E)]. This is the general form of a proposition.
7. What we cannot speak about we must pass over in silence.
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2.1 We picture facts to ourselves.
211 A picture presents a situation in logical space, the existence and non-existence of states of
affairs.

212 A picture is a model of reality.
2413 Ina picture objects have the clements of the picture corresponding to them.
2131 Ina picture the clements of the picture are the representatives of objects.
214 What constitutes a picture is that its elements are related to one another in a determinate way.
2141 A picture is a fact.
215 The fact that the clements of a picture are related to one another in a determinate way represents
that things are related to one another in the same way. Let us call this connexion of its clements the
structure of the picture, and let us call the possibility of this structure the pictorial form of the picture.
2151 Pictorial form is the possibility that things are related to one another in the same way as
the elements of the picture.
21511 That is how a picture is attached to reality; it reaches right out fo it.
21512 It is laid against reality like a measure.
215121 Only the end-points of the graduating lines actually touch the object that is fo
be measured.
21514 So a picture, conceived in this way, also includes the pictorial relationship, which
makes it into a picture.
21515 These correlations are, as it were, the feelers of the picture's clements, with which
the picture touches reality.
2416 Ifa fact is to be a picture, it must have something in common with what it depicts.
2161 There must be something identical in a picture and what it depicts, to enable the one fo be
apicture of the other at all.
247 What a picture must have in common with reality, in order to be able to depict it—correctly or
incorrectly—in the way that it does, is ifs pictorial form.
271 A picture can depict any reality whose form it has. A spatial picture can depict anything
spatial, a coloured one anything coloured, ctc.
2472 A picture cannot, however, depict ifs pictorial form: it displays it.
273 A picture represents its subject from a position outside it. (Its standpoint is its
representational form.) That is why a picture represents its subject correctly or incorrectly.
24174 A picture cannot, however, place itself outside its representational form.
218 What any picture, of whatever form, must have in common with reality, in order to be able fo
depict it—correctly or incorrectly—in any way at all, s logical form, i.c. the form of reality.
2181 A picture whose pictorial form is logical form is called a logical picture.
2182 Every picture is at the same time a logical one. (On the other hand, not every picture s,
for example, a spatial one))
219 Logical pictures can depict the world.
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2.0 (empty)
2.01 Astate of affairs (a state of things) is a combination of objects (things).
2011 Itis essential to things that they should be possible constituents of states of affairs.
2.012 In logic nothing is accidental: if a thing can occur in a state of affairs, the possibility of the state of affairs
‘must be written into the thing itsclf.
2.0121 It would seem to be a sort of accident, if it furned out that a sifuation would fit a thing that could
already exist entirely on ifs own. If things can occur in states of affairs, this possibility must be in them from
the beginning. (Nothing in the province of logic can be merely possible. Logic deals with every possibility and
all possibiliies are its facts.) Just as we are quite unable to imagine spatial objects ouside space or temporal
objects outside time, so too there is no object that we can imagine excluded from the possibility of combining
with others. If I can imagine objects combined in states of affairs, I cannot imagine them excluded from the
possibility of such combinations.
20122 Things are independent in so far as they can occur in all possible sitvations, but this form of
independence is a form of connexion with states of affairs, a form of dependence. (It is impossible for words to
appear in two different roles: by themselves, and in propositions.)
20123 IfTknow an object I also know all its possible occurrences in states of affairs. (Every one of these
possibilities must be part of the nature of the object.) A new possibility cannot be discovered later.
201231 Ifam to know an object, though I need not know its external properties, I must know all its
internal properties.
2.0124 Ifall objects are given, then at the same time all possible states of affairs are also given.
2.013 Each thing is, as it were, in a space of possible states of affairs. This space I can imagine empty, but I cannot
imagine the thing without the space.
2.0131 A spatial object must be sifuated in infinite space. (A spatial point is an argument-place.) A speck in
the visual field, though it need not be red, must have some colour: it is, so to speak, surrounded by colour-
space. Notes must have some pitch, objects of the sense of touch some degree of hardness, and o on.
2.014 Objects contain the possibility of all situations.
20141 The possibility of its occurring in states of affairs s the form of an object.
2.02 Objects are simple.
2.020 (empty)
20201 Every statement about complexes can be resolved info a statement about their constifuents and into
the propositions that describe the complexes completely.
2.021 Objects make up the substance of the world. That is why they cannot be composite.
20211 If the world had no substance, then whether a proposition had sense would depend on whether another
proposition was true.
20212 In that case we could not sketch any picture of the world (true or false).
2.022 Itis obvious that an imagined world, however different it may be from the real one, must have
something—a form—in common with it.
2.023 Objects are just what constitute this vnalterable form.
2.0231 The substance of the world can only determine a form, and not any material properties. For it is only
by means of propositions that material properties are represented—only by the configuration of objects that
they are produced.
2.0232 In a manner of speaking, objects are colourless.
20233 If two objects have the same logical form, the only distinction between them, apart from their external
properties, is that they are different.
2.024 The substance is what subsists independently of what is the case.
2.025 It is form and content.
2.0251 Space, time, colour (being coloured) are forms of objects.
2026 There must be objects, if the world is to have unalterable form.
2.027 Objects, the unalterable, and the subsistent are one and the same.
2.0271 Objects are what is unalterable and subsistent; their configuration is what is changing and unstable.
20272 The configuration of objects produces states of affairs.
2.03 Ina state of affairs objects fit into one another like the links of a chain.
2.031 Ina state of affairs objects stand in a determinate relation to one another.
2.032 The determinate way in which objects are connected in a state of affairs is the structure of the state of
affairs.
2.033 Form s the possibility of structure.
2034 The structure of a fact consists of the structures of states of affairs
2.04 The totality of existing states of affairs is the world.
205 The totality of existing states of affairs also determines which states of affairs do not exist.
206 The existence and non-existence of states of affairs is reality. (We call the existence of states of affairs a positive
fact, and their non-existence a negative fact.)
2.061 States of affairs are independent of one another.
2.062 From the existence or non-existence of one state of affairs it is impossible to infer the existence or non-
existence of another.
2.063 The sum-total of reality is the world.
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primky A, Piimkou A a jejim
paprskem sméru’A je nejjedno-
duseji dana rovina promitact
obecng zvolené primky A ; jeji
prumét nejsnaze stanovime sto-
pou a a tib&zntkem o’ K pim-
kim rovnobéinym lze okem
proloZiti pouze jedinou rovno-
b&zku. Je to jejich spoleény pa-
prsek sméru; jeho stopa je spo-
le¢nym dbé&Znikem danych rov-
nob&Zzek. Jim prochazeii jejich priméty, z éehoz patrna zikladni véta
perspektivy: Praméty (obrazy) pitmek rovnobézngch jsou pitmky rizno-
bézné, prochazejict spoleénym tibéZnikem, ktery jest primétem (obra-
zem) oné z rovnobéZek danych, kterd prochdzi okem.

Zvolme si v roviné zékladnf fadu kolmic k zakladnici (obr. 18)!
Jejich paprsek sméru jest kolmice soka na priimétnu spusténa; jeji pata,
bod hlavni h obrazu, jest proto tib&Zntkem horizontalnych kolmic k z4-
kladnici a p¥imek s nimi rovnob&injch. V pifmkach téchto métime
vzdélenosti pfedmétit za primétnou postavenych od roviny primétné
&, jak kratce Yikdme, jejich hloubku za priimétnou. Proto oznadujeme
radi pifmky kolmé k primétné téz jménem: piimky hloubkové; jest
tudtz bod hlaont dbézintkhem prtmek hloubkovych.

Vytknéme dale (obr.19) v roving zakladni fadu rovnobézek k z4-
kladnici mezi sebou stejng odlehlych. Jejich priiméty budou navzijem
a se zékladnici rovnob&Zné; jet piislusny paprsek sméru rovnob&iny
s primé&tnou a jest proto Gb&Zntk danych rovnobézek nekonedng vzda-
leny. Pasy, které jsme si zvolili v roviné zakladni stejn& Siroké, budou
v primétu tim uz¥, &m vzdélen&jsi jsou v prostoru od roviny pri-
métné. Sitku ptisluinych priméti lze snadno sestrojiti pomoci roviny
profilové 1 vedené okem kolmo k zakladnici, jak patrno z obrizku.

Jdeme-li po rovnob&zkach zvolenych az k piimce nekoneéng vzds-

Obr. 17.
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Obr. 18, 19 a 20.

lené v roviné zakladni, otaéi se

soucasné promitacirovina téchto -

piimek kolem oka, prejde pro
piimku nekoneéné vzdalenou
do roviny rovnobéZné s rovinou
zdkladni a protne primétnu
v pfimce H jdoucf hlavnim bo-
dem rovnobéiné k zakladnici.
Piimku H zoveme obzor nebo
horizont. Nekoneéné velka éast
roviny zakladni, rozprostirajici
se za zakladnici, promita se do
pruhu vytéeného zakladnicf a
horizontem.

Vytknéme v roviné zakladni
libovolnou soustavu rovnobézek
C... (obr.20).]Jejich ibé&zniky’,
stopa spoleéného paprsku sméru
'C zapada do horizontu. Hori-
zont jest souhrnem dbézntka
vsech pitmek horizontdIngch.
Sviraji-li pffmky C se zaklad-
nici Ghel 459, &, jinymi slovy,
jsou-li towihlopficky &tverci, ma-
jicich v zakladnici svou stranu,
tu trojihelnik ohy’ jest rovno-
ramennym trojihelnfkem pravo-
ihlym o pfeponé oy’ a proto
strana oh bude rovna strané
hy' . Z toho patrne, Ze, nanese-
me-li na horizont od bodu hlav-
ntho na jednu i druhou stranu

distanci do bodii p3' ¥, zfskali
jsme ibéZniky horizontalnich a
se zakladnici dhel 459 sviraji-
cich pifmek, ibé&zntky diagonal
praelnych &tverci. Body ty
zveme pravym a levgm bodem
dislanénim ¢&i kratce pravgm a |
levgm distanéntkem. ‘

Vétu zakladni perspektivy,

. |

Ze se rovnobézky sbihaji v ob- oy, 21 Z itulu Ubaldihoe Perspektivy,
raze v tbéZniku, dokazal v ob- 1600.

jemné knize teprve r. 1600 Quido Ubaldi del Monte. Na jejim titul-
nfm listé jest obraz hranolu a nadpis: Citra dolum fallimur (Beze Isti
jsme klamani, obr. 21), narazka na to, Ze rovmnobézky v prostoru
pozorované zdaji se sbihati do bodu. Od Ubaldiho pochazi téz nazev
punctum concursus, ibézntk*).

Z. vysvétleni dosud podanych patrno, Ze sprdong obraz perspek-
tiont must miti toliko jeding bod hlavnt, jeding jim prochdzejict hori-
zont a jedinou distanci. Bod hlavni, jakoZto ibéznik pFimek hloubko-
vych, jiz v XII. stoleti vifil viny uméleckého a védeckého svéta v Italii,
jak mozZno souditi z toho, Ze se jiz uvedeny polsky ucenec Vitellius
prudce proti nému obraci. Nalezenec malite Cimabue, jeho Zak a otec
italského malifstvi Ambrogio di Bondone, zvany zkratka Giotto
(1276-1337), v nekterych svych freskach se znaéné blizil dbézZntku.

Nelze viak tvrditi, Ze ¢inil tak védomé, mimo to jeho malby, ze-
jména v chrdmu Santa Croce ve Florencii, byly v dobé pozdéjsi pfte-
malovany, ¢fmz proneseni spravného zavéru ztizeno. V jedné fresce
tohoto chrdamu (p¥il. V.) svadi Giotto rovnob&iné hrany stropniho

*) Punctum concursus lépe b{ bylo vystizeno sbéZnikem nebo soub&zni-
kem; slovo’ ibéznik, vZité jiz, lépe vyhovuje se stranky promiténi centrél-
ného.
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150 Letter to Husserl, 24.5.1891

With a concept word it takes one more step to reach the object
than with a proper name, abd the last step may be missing — i.e.,
the concept may be empty — without the concept word’s ceasing t0
be scientifically useful. I have drawn the last step from concept to
object horizontally in order to indicate that it takes place on the
same level, that objects and concepts have the same objectivity (see
my Foundations, §47).° In literary use it is sufficient if everything
has a sense; in scientific use there must also be Bedeutungen. In the
Foundations 1 did not yet draw the distinction between sense and
Bedeutung. Tn §97 1 should now prefer to speak of ‘having a
Bedeutung’ [‘bedeutungsvoll’] instead of ‘having a sense’ [‘stnnvoll’].
Elsewhere, 100, ¢.g. in §§100, 101, 102, I would now often replace
‘sense’ by ‘Bedeutung’.® What I used to call judgeable content is
now divided into thought and truth-value.” Judgement in the nar-
rower sense could be characterized as a transition from a thought
to a truth-value. |

Now it seems to me that for you the schema would look like this:

concept word
4
sense of the concept word
(sense)

object falling under the concept

so that for you it would take the same number of steps to get from
proper names to objects as from concept words. The only differ-
ence between proper names and concept words would then be that
the former could refer to® only one object and the latter to more
than one. A concept word whose concept was empty would then
have to be excluded from science just like a proper name without
a corresponding object.

Yours sincerely,
Dr G. Frege

5 See pp. 99-100 above.

¢ It is worth noting that in these sections Frege is criticizing formalism (cf. pp. 124-5
above), where it might seem especially important to draw some kind of distinction be-
tween ‘Sinn’ and ‘Bedeutung’.

7 See BS, §2 (pp. 52-3 above), for the early notion of “judgeable content’; and cf. CO,
p. 186 below, on the later bifurcation of this notion.

® The German construction here is ‘sich beziehen auf’.
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Letter to Husserl,
24.5.1891"

[Edmund Husserl (1859-1938) first wrote to Frege in 1891, enclosing
a copy of his Philosophie der Arithmetik, which Frege was later to review,
and two other pieces.” In his reply, after briefly commenting on one of
these pieces, Frege distinguishes his own view of the relationship between
concept words and objects from that of Husserl, encapsulating his posi-
tion very clearly in a diagram.]

Jena
24 May 1891

Dear Doctor,

I thank you especially for your Philosophy of Arithmeric, in which
you take notice of my own similar endeavours, perhaps more thor-
oughly than has been done up to now. I hope to find some time
soon to reply to your objections.” All I should like to say about it
now 1s that there seems to be a difference of opinion between us
on how a concept word (commeon name) is related to objects. The
following schema should make my view clear:*

proposition proper namie concept word
d \) l

sense sense sense

of the of the of the
Proposition proper name concept word
(thought)
Bedeutung Bedeutung Bedeutung object

of the of the of the N falling under
proposition proper name concept word the concept
(truth-value) (object) (concept)

' Translated by Hans Kaal (PMC, pp. 63-4; from WB, pp. 96-8; page numbers from
the latter in the margin).

* For details of the Frege/Husser]l correspondence, see PMC, pp. 60-1/WB, pp. 91-3.
* Prege’s review of Husserl’s book finally appeared in 1894; see p. 224 below.

* On p. 97 of WA there is a facsimile of the page of Frege’s letter that includes this schema.
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3. Alogical picture of facts is a thought.

3.0 (empty)
3.00 (empty)
3.01 The totality of true thoughts is a picture of the world.
3.02 A thought contains the possibility of the sitvation of which it is the thought. What is thinkable
is possible too.
3.03 Thought can never be of anything illogical, since, if it were, we should have to think
illogically.
3.04 Ifa thought were correct a priori, it would be a thought whose possibility ensured its truth.
3.05 A priori knowledge that a thought was true would be possible only if ifs truth were
recognizable from the thought itself (without anything a to compare it with).

3.1 Ina proposition a thought finds an expression that can be perceived by the senses.

3.2 Ina proposition a thought can be expressed in such a way that elements of the propositional sign

correspond to the objects of the thought.
3.20 (empty)
3.21 The configuration of objects in a sifuation corresponds fo the configuration of simple signs in
the propositional sign.
323 The requirement that simple signs be possible is the requirement that sense be determinate.
3.24 A proposition about a complex stands in an internal relation to a proposition about a
constituent of the complex. A complex can be given only by its description, which will be right or
wrong. A proposition that mentions a complex will not be nonsensical, if the complex does not
exits, but simply false. When a propositional element signifies a complex, this can be seen from an
indeterminateness in the propositions in which it occurs. In such cases we know that the proposition
leaves something undetermined. (In fact the notation for generality contains a prototype.) The
contraction of a symbol for a complex into a simple symbol can be expressed in a definition.
3.25 A proposition cannot be dissected any further by means of a definition: it is a primitive sign.
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2. What is the case—a fact—is the existence of states of affairs.
2.0 (empty)
2.01 A state of affairs (a state of things) is a combination of objects (things).
2.02 Objects are simple.

2.020 (empty)

2.021 Objects make up the substance of the world. That is why they cannot be composite.
20211 If the world had no substance, then whether a proposition had sense would depend
on whether another proposition was true.

20212 In that case we could not sketch any picture of the world (true or false).
2.022 Itis obvious that an imagined world, however different it may be from the real one, must
have something—a form—in common with .
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3.3 Only propositions have sense: only in the nexus of a proposition does a name have meaning.
3.31 Icall any part of a proposition that characterizes ifs sense an expression (or a symbol). (A
proposition is itself an expression.) Everything essential to their sense that propositions can have in
common with one another is an expression. An expression is the mark of a form and a content.
3.32 Asign is what can be perceived of a symbol

3321 So one and the same sign (writen or spoken, etc.) can be common fo two different
symbols—in which case they will signify in different ways.
3.322 Our use of the same sign to signify two different objects can never indicate a common,
characteristic of the two, if we use it with two different modes of signification. For the sign, of
course, is arbitrary. So we could choose fwo different signs instead, and then what would be left
in common on the signifying side?
3323 In everyday language it very frequently happens that the same word has different modes
of signification—and so belongs to different symbols—or that fwo words that have different
‘modes of signification are employed in propositions in what is superficially the same way. Thus
the word 'is' figures as the copula, as a sign for identity, and as an expression for existence;
‘exist figures as an intransitive verb like 'g0’, and 'identical' as an adjective; we speak of
something, but also of something's happening. (In the proposition, 'Green is green'—where the
first word is the proper name of a person and the last an adjective—these words do not merely
have different meanings: they are different symbols.)
3.324  In this way the most fundamental confusions are casily produced (the whole of
philosophy is full of them).
3.325 In order to avoid such errors we must make use of a sign-language that excludes them
by not using the same sign for different symbols and by not using in a superficially similar way
signs that have different modes of signification: that is to say, a sign-language that is governed
by logical grammar—by logical syntax. (The conceptual nofation of Frege and Russell is such a
language, though, it is true, it fails to exclude all mistakes.)
3326 In order to recognize a symbol by ifs sign we must observe how it is used with a sense,
3.327 A sign does not determine a logical form unless it is taken together with its logico-
syntactical employment.
3.328 Ifasign s useless, it is meaningless. That is the point of Occam's maxim. (If everything
behaves as if a sign had meaning, then it does have meaning.)
333 In logical syntax the meaning of a sign should never play a role. It must be possible to
establish logical syntax without mentioning the meaning of a sign: only the description of
expressions may be presupposed.
3331 From this observation we furn to Russell's theory of types'. It can be seen that Russell
‘must be wrong, because he had to mention the meaning of signs when establishing the rules for
them.
3332 No proposition can make a statement about itself, because a propositional sign cannot
be contained in itself (that is the whole of the 'theory of types)).
3333 The reason why a function cannot be ifs own argument is that the sign for  function
already contains the prototype of ifs argument, and it cannot contain itself. For let us suppose
that the function F(f) could be ifs own argument: in that case there would be a proposition
'F(F(£x)). in which the outer function F and the inner function F must have different meanings,
since the inner one has the form O(f(x)) and the outer one has the form Y(O(£x)). Only the
letter 'F'is common to the two functions, but the letter by itself signifies nothing. This
immediately becomes clear if instead of 'F(Fu)' we write '(do): F(Ov). Ou = Fu'. That disposes
of Russells paradox.
3334 The rules of logical syntax must go without saying, once we know how cach individual
sign signifies.
3.34 A proposition possesses essential and accidental features. Accidental features are those that
result from the particular way in which the propositional sign is produced. Essential features are
those without which the proposition could not express ifs sense.

3.4 A proposition determines a place in logical space. The existence of this logical place is guaranteed

by the mere existence of the constituents—by the existence of the proposition with a sense.

3.5 A propositional sign, applied and thought out, is a thought.
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Fig. 1 The set-up of
Newton’s first prism
experiment (The sunlight, S,
enters through the aperture, a,
passes through the prism and
1s projected onto the screen,
bc)

Fig. 2 Comparison of results
(Where A is the expected
result and B 1s the actual
result)
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